Using the set of functionally open finite covers of completely regular spaces in the paper are constructed Čech type functional homology functor ̌ ( ) and functional cohomology functor ̂ ( ) from the category of pairs of completely regular spaces and their completely closed subspaces to the category of abelian groups, defined Bokstein-Nowak type functional coefficient of cyclicity * + from the class of completely regular spaces to the set of integers , proved the equalities ̌ (
) from the category of pairs of completely regular spaces and their completely closed subspaces to the category of abelian groups, defined Bokstein-Nowak type functional coefficient of cyclicity * + from the class of completely regular spaces to the set of integers , proved the equalities ̌ ( ) ̌ ( ) ̂ ( ) ̂ ( )and ( ) ( ) where ̌ ( ) ̂ ( ) and ( ) are the set of natural numbers, Čech homology group, Čech cohomology group and Bokstein-Nowak coefficient of cyclisity of Stone-Čech compactifications of pair ( ) ( ) and space ( ) respectively.
Introduction
The problems of compactification theory of topological spaces also lead to the necessity of the creation and development of such new (co)homological theories, whose methods effectively can be used in the study of specific problems of algebraic topology.
The investigation presented in this paper is centered around the following general Problem: Find necessary and sufficient conditions under which the spaces of the given class has the compactifications with the given topological properties.
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This problem for different topological properties was studied by several authors (cf. [A-N] , [B 1 ], [B 2 ], [B-T] , [Ba] , [Bo] , [E-S] [I] , [K] , [M-S] , [Mi] , [N] , [P] , [Sk] , [Sm 1 ], [Sm 2 ], [Z] , [V] ).
The present paper is devoted to the study of this problem for property: n-dimensional Čech homology (cohomology) group [E-S] and coefficient of cyclicity ( [Bo] , [N] ) of Stone-Čech compactification of completely regular space is a given group and integer , respectively.
A special aspect of this topic was considered in [E-S] , where was proved that if ( ̃ ̃) is the Tychonoff compactification of closed pair ( ) of normal spaces, then
where ̌ ( ) and ̂ ( ) ̂ ( ̃ ̃ ) and ̌ ( ̃ ̃ ) respectively are ndimensional Čech homology groups and n-dimensional Čech cohomology groups of pairs ( ) and ( ̃ ̃) , based on finite open covers. Also note that, in papers [B 1 ], [B-T] and [Mi] the obtained results include the characterizations of other homology and cohomology groups of extensions of spaces from some classes of spaces.
In this paper we define the Čech type functional homology and cohomology -functor and -cofunctor (see [E-S] 
The Čech Type functional homology and cohomology functors
In this section of the paper using the methods developed in [E-S] The chain and cochain groups ( ) with coefficients in abelian group are defined in the usual way [E-S] .
Now we assign to the simplicial pair ( ) homology and cohomology groups ( ) and ( ) with coefficients in group (see [E-S] , ch. V1, 3.9). Let ( ) be the free abelian group generated by all ordered -simplices of and ( ) be the free abelian subgroup generated by all ordered -simplices of . By ( ) denote the quotient group ( ) ( ). For each generator ( ) of ( ) is defined its boundary
Hence, there exists boundary homomorphism ( ) ( ) with properties ( ( )) ( ) and ( 
This implies that for each continuous maps
) and ( ) (( ) ( )) hold the following equalities 
The proof follows from above given discussion and hence is omitted. □ Therefore the functional homology and cohomology functors ̌ ( ) and ̂ ( ) are -functor and -cofunctor in the sence of [E-S] , respectively. This is a direct consequence of Theorems 1.2,1.3 and 1.4.
For each functionally open cover of the inclusion maps and ( ) induce a short exact sequence of chain complexes ( ) ( ) ( ) . Consequently, there exist the long exact sequences 
) is exact. Proof. The proof is dual and analogical to that of ( [E-S] Remark 2.6. The construction of meaningfull cohomological dimension theory for completely regular spaces is one of main problems of modern topology. It is known that the theorems of classical cohomological dimension theory ( [D] , [H-W] , [N] , [Na] ) of "good" (metric compact or Hausdorff compact) spaces often are impossible to generalize for completely regular spaces. In our next paper we will investigate this problem, using Čech functional cohomology theory. We define the small and large functional cohomological dimensions and establish their main properties.
